Two pathological countable topological spaces are constructed. Each is quasimetrizable and has a simple explicit quasimetric. One is a locally connected Hausdorff space and is an extension of the rationals. The other is a connected space which becomes totally disconnected upon the removal of a single point. This space satisfies the Urysohn separation property-a property between Tí and T¡-and is an extension of the space of rational points in the plane. Both are one dimensional in the Menger-Urysohn [inductive] sense and infinite dimensional in the Lebesgue [covering] sense.
Introduction.
The first example of a countable connected Hausdorff space was given by Urysohn [18] . Other examples have been given by Hewitt [7] , Bing [l], Brown [2] , Golomb [ó], Martin [lO], Roy [15] , Kirch [8] , Stone [17] , and Miller and Pearson [l3] .
A connected space X has a dispersion point x provided X-x is totally disconnected.
X is a Urysohn space if for all distinct p and q in X there are neighborhoods U and V of p and q respectively such that U and V have disjoint closures.
The first example of a space having a dispersion point was given by Knaster and Kuratowski [9] . Such spaces have been investigated by Erdös [3] and Wilder [l9j. Roy [l5] has given an example of a countable connected Urysohn space having a dispersion point. Kirch [8] has given an example of a locally connected countable connected Hausdorff space. Stone [17] has also announced the construction of such an example. Recently Franklin and Krishnarao [5] have announced an interesting application of such an example due to F. B. Jones (unpublished).
The examples presented here are obtained by extending a metric space by adjoining countably many limit points and extending the distance function to a quasimetric A real valued function D(x, y) is a quasimetric for a topological space provided that for points x, y, z of the space:
1. D(x, y) ^0, the equality holding iff x=y. 2. D(x,y)+D(y,z)>D(x,z). Construction. Let O be the set of rational points on the x-axis, and M the set of points above the x-axis with both coordinates rational. (1) and (2) above. The e-balls then form a base for some topology of S. Assume S has this topology. S is clearly a Hausdorff space. Lemma 1. Each e-ball is connected.
Proof. Suppose to the contrary for some p in S and positive e there are nonempty disjoint open sets U and V such that t/UF = B(p, e). Assume p is a point of Q. Then B(p, e) contains the interval of rationals (p -e, £+i)f~H?.
There are open intervals G and H on the x-axis, contained in U and V respectively, such that the usual distance from G to H is less than e/3. B(p, e) contains all points of M with second coordinates less than e/3 which lie in an equilateral triangle which has base (p -t, />+«)• Thus there is a point q in MC\B(p, e) such that F(q) intersects both G and H. Thus g is a limit point of both U and V, a contradiction.
Therefore p is in M. In this case, B(p, e) consists of p together with two sets each like the e-ball in the above. By a similar argument, each of the two sets is connected. Furthermore p is a limit point of the two sets. This involves a contradiction.
Corollary.
5 is a countable connected Hausdorff space which is locally connected, quasimetric and contains Q as a dense subspace.
3. A countable connected quasimetric extension of OXO having a dispersion point. This space is Urysohn and also has differing dimensions.
Construction. Let X = (QY,Q)VJZKJ {co} where Q denotes the rationals, Z the integers and co = (ir, s/2). X endowed with the topology described below is the desired example. Let F be a function from Z into the plane such that (1) Continue this process. It is easily seen that for each natural number n, d(ec, xn) <[n-\-l]t/2n. Therefore xy, x2, ■ ■ ■ converges to to in the plane. Therefore co is a limit point of V in X, which is a contradiction. There are disjoint open sets U2 and F2 containing x and co respectively. Let U= UyC\ U2. Then U(~\ V = 0.
Corollary.
X is a countable connected quasimetric Urysohn space which has a dispersion point and contains QXQ as a dense subspace. 4 . Dimension.
Lemma 5. S and X are each one dimensional in the Menger-Urysohn sense.
Proof. In each space, each point has arbitrarily small e-neighborhoods with boundaries consisting of isolated points in the relative topology.
Lemma 6. S and X are each infinite dimensional in the Lebesgue sense.
Proof. Let P be the set of all points in 5 with second coordinate greater than 1. Then P is closed and homeomorphic to Z. Let n be a positive integer. Then P can be partitioned into subsets Pi, Let p2 be a limit point of QC\G\ in P2. Let G2 be a member of 9 which contains p2. Then G2 lies in U2. QC\G\C\G2 is nonempty since pi is a limit point of Qi\Gx. Thus QC\Gir\G2 has a limit point pz in P3.
Continuing in this manner, we have distinct members G\, • • • , Gn of 9 with a common point. Thus the order of 9 is at least n. Since this holds for each positive integer, 5 is infinite dimensional in the Lebesgue sense.
The preceding argument when modified by replacing P by Z, Q by QXQ and 5 by X establishes the desired result for X.
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